In the case of the wave equation, defined on a sufficiently smooth bounded domain of arbitrary dimension, and subject to Dirichlet boundary control, the operator B * L from boundary to boundary is bounded in the L 2 -sense. The proof combines hyperbolic differential energy methods with a microlocal elliptic component.
Corrigendum and addendum to
In this paper, we primarily make reference to [10, Section 5.2, pages 1117-1120]. At the end, in Section 3 below, we will also examine its impact on [ Corrigendum. Reference is made to [10, Section 5.2] .
(i) In equation (5.2.18), page 1120, suppress the symbol "Re" (real part).
(ii) As a consequence of (i), in equation (5.2.22), page 1120, suppress the symbol "Re," so that the corrected equation becomes, for (σ,τ) ∈ Ꮾ σ,τ ,
(1.2) (iii) As a consequence of (ii), in equation (5.2.23), page 1120, suppress the symbol "Re," so that the corrected equation becomes by (1.2), with
The very same argument with "Re" omitted, as it should be, instead of a negative result, gives the positive result in (1.1) in the half-space; in fact, for any n ≥ 2. We will see this below.
Positive result on a half-space, n ≥ 2. 
It is immediate to show that |H(σ, η)| is uniformly bounded for all (σ,η) ∈ R n σ,η . Indeed, first notice that 9) and zero initial conditions: 
The above Theorem 1.1 was first stated in [1] (see estimate (2.7), page 121). We believe that the proof that we will give below in Section 2 is essentially self-contained and much simpler than the sketch given in [1] . The idea pursued in [1] is based on a full microlocal analysis of the fourth-order operator ∆(D [1] considers, as usual [8] , three regions: the hyperbolic region, the elliptic region, and the "glancing rays" region. The latter is the most demanding, and it is unfortunate that no details are provided in [1] for the analysis in the glancing region, except for reference to the author's Ph.D. thesis.
By contrast, our proof in Section 2 below invokes, for the most critical part, the sharp regularity of the wave equation from [5] -which is obtained via differential, rather than pseudodifferential/microlocal analysis methods. In addition, standard elliptic (interior and) trace regularity of the Dirichlet map D is used. Thus, by simply invoking these results in (1.12) above for z t , we obtain-by purely differential methods-the critical result on ∂z t /∂ν of Step 1, (2.3). This then provides automatically the desired regularity of ∂z/∂ν microlocally outside the elliptic sector of the D'Alambertian = D * L for the wave equation with Dirichlet control Thus, the rest of the proof follows from pseudodifferential operator (PDO) elliptic regularity of the localized problem.
Proof of Theorem 1.1
Step 1. Let g ∈ L 2 (Σ). Then, the following interior and boundary sharp regularity for the v-problem (1.9) is known [5, Theorem 2.3, page 153; or else Theorem 3.3, page 176 (interior regularity) plus Theorem 3.7, page 178 (boundary regularity)]: 
Next, using (2.1) and (2.2) in (1.12) yields
The above relation provides us with the desired regularity of ∂z/∂ν microlocally outside the elliptic sector of the D'Alambertian = D 2 t − ∆; that is, when the dual Fourier variable σ (corresponding to time) dominates the dual Fourier variable |η| (corresponding to the space tangential variable). A quantitative statement of this is given in (2.11) below.
Step 2. It remains to show that the L 2 regularity of ∂z/∂ν holds also in the elliptic sector. This is done by standard arguments using localization of the PDO symbols. We use standard partition of unity procedure and local change of coordinates by which Ω and Γ can be identified (locally) withΩ
x + r(x, y)D 2 y + lot, where lot (which result from commutators) are first-order differential operators and r(x, y)D 2 y stands for the secondorder tangential (in the y variable) strongly elliptic operator. Since solutions v satisfy zero initial data, we can also extend v(t) by zero for t < 0. For t > T we multiply the solution by a smooth cutoff function φ(t) = 0, t ≥ (3/2)T, φ(t) = 1, t ≤ T. Thus, in order to obtain the desired solution, it amounts to consider the following problem:
4a)
y is the principal part of∆ and v is the original solution v = Lg of problem (1.9). Below, we will write w = u + y, where u, y satisfy (2.5) and (2.6), respectively. As a consequence, we will obtain
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Below we will denote by u the solution of
the counterpart regularity statement of (2.1) for v in Ω. Likewise, we introduce the following nonhomogenous problem: 
By the principle of superposition, we have w = u + y, as announced above.
Step 3. In this step, we handle the y-problem (2.6). We first recall from (1.10) that our original objective is showing that D * v t ∈ L 2 (Σ) continuously in g ∈ L 2 (Σ). Moreover, we recall that v in Ω is transferred into w = u + y, on the half-spaceΩ (locally). Thus, by (2.6), (2.7), what suffices to show for y is the following regularity property: 
([0,T];Ᏸ(A)) via (2.7). Moreover,
, again by (2.7). Thus, Ψ solves the problem 
. We conclude that ᐄu| ∂Q ∈ L 2 (∂Q), a boundary condition to be associated to (2.12). Since ᐄ is a pseudodifferential elliptic operator, classical elliptic theory, applied to ᐄu ∈ H −1 (Q), ᐄu| ∂Q ∈ L 2 (∂Q)-the elliptic problem obtained above-yields
where the first containment on the right-hand side of (2.13) is due to the boundary term, and the second to the interior term. Next, we return to the elliptic problem ∆z = −v t in Q, z| Σ = 0 from (1.11), with a priori regularity noted in (1.11). The counterpart of the above elliptic problem in the half-spaceQ (locally) is∆z = −u t inQ, z|Σ = 0 (we retain the symbol z inQ), as we are identifying w with u in the present Step 4 (due to the results of Step 3). Applying ᐄ throughout yields
Hence, by the a priori regularity in (2.5b) for u and in (1.11) for z, we conclude (Q) , where m is the order in the normal direction to the plane x = 0 (which plays a distinguished role) and (m + s) is the order in the tangential direction in t and y. Via (2.15), we are thus led to solving the problem∆
By elliptic regularity (note that∆ᐄ is elliptic inQ), we obtain again
Combining (2.17) and (2.11) yields the final conclusion 
This positive result replaces [10, Section 7.1]. 
From the regularity of B
By (a) and (b), we then estimate via (4.4), (4.1),
and (4.6) is well known [6, 9] 
(from which (4.5) follows, by taking the L 2 (0,T;U)-inner product with u). Equation (4.9) shows the implication (4.5)⇒(4.3).
Remark 4.5. Another negative example where uniform stabilization is known, yet the operator B * L / ∈ ᏸ(L 2 (0,T;U), is given by the Euler-Bernoulli plate equation with boundary control only on the "moment" ∆w| Σ , as considered in [7, 4] . Here the class of controls is L 2 (0,T;H 1/2 (Γ)), and the space of exact controllability and uniform stabilization is Y = [H 2 (Ω) ∩ H 1 0 (Ω)] × L 2 (Ω). Exact controllability (without geometrical conditions) is established in [7] , while uniform stabilization is proved in [7] (under geometrical conditions) and in [4] (without geometrical conditions). Optimal regularity of L is given in [9, 
